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We achieved the main purposes of this research plan, and in fact we could go

further so we can say that this research plan ends very successfully. First, we aimed at
generalizing the theory of co-invariant algebras of Weyl groups from the viewpoint of the hyperplane
arrangements. For that, we introduce a new algebra called the Solomon-Terao algebra constructed
from the logarithmic vector fields of hyperplane arrangements, and we could show that when the
arrangement is the ideal arrangement, then the corresponding Solomon-Terao algebra is nothing but
the cohomology ring of the corresponding regular nilpotent Hessenberg variety as a joint research.
Next we made the relation clear between the quasi-invariant ring of the Weyl group, and the
logarithmic vector fields of multi-Weyl arrangements. Moreover, we could make this relation in a
higher stage in the sense of Catalan and Shi-arrangements, and the discrete version of the
qguasi-invariants. This is an international joint work.
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