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Decomposition of Maps on Operator Algebras with Numerical Radius
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Connes open problem

Inspired the equivalence between the factoring problem of operators using
the extended numerical radius and the embedding problem of finite factors posed by Connes, we have
reached to the key if the factored operator can be replaced by the
operator inside the given operator algebra.

We approached the goal as the factoring problem of the completely bounded map from a C*-algebra
generated by the free group to its dual space. It was possible to factor the map. If the map shown
up can be factored, the longstanding above problem will be settled down. However we can show that
the operator is in a von- Neuman algebra at present.



Hilbert 1956 Grothendieck X
Y Banach T X Y Grothendieck
T Hilbert K
X Y Grothendieck
Lindenstrauss-Pelczynski
Banach
1985  Haagerup Grothendieck
C* A C* B  dual B* Hilbert H
Haagerup A B* (
column-Hilbert Hc := B(C, H)
2007 Effros-Ruan Haagerup Musat
T Hc
row-Hilbert Hr := B(H, C) Hc
Hr Hilbert
Hilbert 1963 Ando
1990 Ando-Okubo
Schur Multiplier Hirbert
2006 Itoh-Nagisa
Ferenick, Kavruk, Paulsen Ando
Itoh-Nagisa
C* C*(F2) Connes 1
1 Schur
Multiplier motivation
Banach " " Hilbert
Schur Multiplier
Pisier
( ) Hilbert OH
Paulsen
Banach X X* T
2-summing 2-summing
X T
Hilbert OH Hc Hr
X {p Lp T:Lp->Lq
p=2 T
T Hilbert
H Hc Hr OH
T
w(T) Itoh-Nagisa, ICM2014 Satellite Conference )
C* (F2) T w(T) C* (F2)
Connes 11
1988 Z.J.Ruan : Subspaces of C*-algebras, J.Funct.Anal. 76
( ) X n Ol, oIl Mn(X)
on() B(H) Y
Ruan Ruan
(Ruan, 1988) X X B(H)



Itoh-Nagisa oll WII

wWn()
1) X X B(H)
2) X
Ferenick, Kavruk, Paulsen(2013)
Connes Itoh-Nagisa
Connes
[2-summing 1 [Pelcznski type
1 [Haagerup type 1
OH
2008 Haagerup Musat [The Effros-Ruan conjecture for bilinear forms on C*-algebras,
Invent_Math., 174, 139-163,(2008)] Effros-Ruan (1988
Grothendieck type
Itoh-Nagisa C*- A Haagerup
dual
Khinchine
dual
Mn(X*) 4 [Lance, 1976]
[Christensen-Sinclair 1987] [Itoh, Blecher 1988] [Effros-Ruan 1991]
Schur Rajpal, Kumar,
Itoh
0
2
0
o 0



€y

@

Nagisa Masaru



