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In this work, we developed the theories for obstacle problems in the
framework of Musielak-Orlicz-Sobolev space on a metric measure space.
We defined Musielak-Orlicz-Sobolev space on a metric measure space and proved basic properties of
such spaces. We proved a Poincare inequality for Musielak-Orlicz Newtonian functions with zero
boundary values in bounded open subsets. Using the Poincare inequality, we proved the existence and
uniqueness of a solution to an obstacle problem for a Dirichlet energy integral on a bounded open
set and proved the existence of superminimizers of Musielak-Orlicz Dirichlet energy integral on
metric measure spaces.
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