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As study on surfaces with singular points and singlarity theory, we have
studied framed surfaces and one-parameter families of framed curves. We gave relations getween
framed surfaces and one-parameter families of framed curves. Moreover, we investigated envelopes of
one-parameter families of framed curves, one and two-parameter families of framed surfaces and
families of Legendre surfaces.

As applications, we gave conditions that singular solutions of completely integrable first order
ordinary and partial differential equations are envelopes.

Moreover, we gave a generic classification of bifurcations of Lagrangian submanifold germs by using
a relation between equivelence relations of families of Lagrangian submanifold germs and graphlike
Legendrian unfoldings.
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