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Although the theory of almost Gorenstein rings for higher dimension which
was introduced by S. Goto, R. Takahashi, and myself in 2015 is nowadays developing rapidly, there
are many unexplored problems, as it is a new concept of Cohen-Macaulay rings. The aim of this
research is to explore such problems to enrich the theory of almost Gorenstein rings. More
precisely, we investigated the question of when the Rees algebras of ideals, fiber products, and Arf

rings are almost Gorenstein, and provided the criterion of them. Besides, we introduce and develop

the theory of weakly Arf rings, which is a generalization of Arf rings, initially defined by J.
Lipman in 1971.
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