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We obtained a new kind of Komlos type theorem; its particulally useful
variant asserts that every norm bounded sequence in a dual Orlicz space has an order bounded (and a.
s. convergent) sequence of its forward convex combinations. This in turn yielded several deep
properties of convex sets/functions in/on dual Orlicz spaces. Especially, a convex subset of a dual
Orlicz space is Mackey closed if and only if its intersection with arbitrary order interval is
closed for the topology of convergence in measure, a fortiori a convex function in such a space has
a dual representation by its predual if and only if it satisfies the Fatou property in the language
of financial mathematics.
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