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The concept of almost Gorenstein rings was first considered to fill the gap
between Cohen-Macaulay rings and Gorenstein rings. Nowadays, the concept of 2-almost Gorenstein
rings and other generalizations of almost Gorenstein rings are being introduced progressively. The
scope of what should be called the pseudo-Gorenstein ring theory is expanding.

In this research project, we have been engaged in analyzing various pseudo-Gorenstein properties of
one-dimensional Cohen-Macaulay local rings, especially numerical semigroup rings, which are the
basis of pseudo-Gorenstein ring theories. We have found that the almost Gorenstein and 2-almost
Gorenstein properties of numerical semigroup rings, which are defined by 2-minors of a certain
matrix, can be characterized by the fact that pseud-Frobenius numbers form an arithmetic sequence.
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