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We establish a geometric realization of the periodic discrete Toda lattice of an a
rbitrary system size by using the intersection of its spectral curve and other two curves. This realizatio
n is reduced from the addition of points on the symmetric product of the spectral curve, and the curves in

the realization are concretely given by using the conserved quantities of the periodic discrete Toda latt

ice.

We also establish a geometric realization of the ultradiscrete periodic Toda lattice of an arbitrary syste
m size, which is an ultradiscrete analogue of the periodic discrete Toda lattice, via tropical plane curve
s. The tropical curves in the realization, one of which is the spectral curve of the ultradiscrete periodi
c Toda lattice (a tropical hyperelliptic curve), are also given by using the conserved quantities of the u

Itradiscrete periodic Toda lattice.
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