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Twistor lifts for submanifolds in quaternion Kaehler manifolds and quaternionic
complex differential geometry
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We find some invariants which are independent of the choice of connections
preserving the quaternion structure. We study the relations among those invariants and extrinsic
quantities for submanifolds, in particular, topological ones. As an aﬁplication, an inequality for the
Euler number of the normal bundle of a twistor holomorphic surface, which is given by T. Friedrich, can
be improved. We also study submanifolds in quaternion Kaehler manifolds whose twistor lifts are harmonic
sections. As a special case, we see that the twistor lift of a twistor holomorphic surface in a
qguaternion Kaehler manifold is a harmonic section. It is a generalization of a Leschke®"s result.
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