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The research for algebraic surfaces with a pencil consisting of a
non-hyperelliptic curve
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We got the partial results for the construction of a family of projective
plane bundles over an elliptic curve, which is needed for the construction of families of algebraic
surfaces with a non-hyperellptic fibration of genus 3 over an elliptic curve whose slope attains the

lower bound. We got certain results for effective divisor classes of projective plane bundles over
an elliptic curve which is related to the classification of surfaces with a locally trivial
non-hyperelliptic fibration of genus 3 over an elliptic curve. We got the necessary condition for
non-hyperelliptic fibrations of genus 4 and rank 3 so that their multiplicative map are not
surjective by giving certain inequality for Horikawa index.
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