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By the arithmetic Schottky-Mumford uniformization theory, we proved the
arithmeticity of Chern-Simons invariants. Using this result together with the Arakelov theory in
arithmetic geometry and the theory of Zograf, Mcintyre-Takhatajan on the classical Liouville field
theory, we gave an infinite product presentation of the Deligne-Riemann-Roch isomorphism which
expresses the Chern-Simons line bundle. As its application, we express the special values of the
Ruelle zeta functions of Schottky groups as the products of period integrals and discriminants. This

result gives an analog of the Deligne conjecture on
such geometric zeta values.
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