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We investigated on a condition for Siegel modular forms on congruence
subgroups to have infinite product expansions. We define a notion of “ generalized multiplicative
symmetries” for a family of automorphic forms on various levels. We furthermore show that a family
of automorphic forms with infinite product expansions satisfies generalized multiplicative
symmetries. We also considered a similar problem for Jacobi forms and investigated a relation
between infinite product expansions and generalized multiplicative symmetries.

We show that a Siegel modular form of degree 2 of level 1 which is simultaneously anSaito-Kurokawa
lift and a Borchers product is a constant multiple of the lIgusa modular form.
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