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Semi-orthogonal decomposition of derived categories of rationally connected
varieties and vector bundles
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We work over an algebraically closed field of characteristic zero. First we
classified nef vector bundles on a smooth projective quadric surface with first Chern class (2,1).
They consist of 5 types of vector bundles and they are all globally generated. Second we classified
nef vector bundles on a projective space with first Chern class three. Note here that in this case
the second Chern class is non-negative and less than or equal to nine. We showed in particular that
if the second Chern class is less than or equal to seven, then they are all globally generated, and
that if the second Chern class is eight, then they are not globally generated and they exist only
on a projective plane.
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