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Adding to the key concept “ self-morphism” to the study of algebraic
varieties, we obtained many of findings in these five years. Among them we introduced the virtual
cohomological dimension in the study of infinite discrete automorphism groups of Enriques surfaces.

Hopefully this will stimulate two fields, algebraic geometry and discrete groups. Since Enriques
surfaces mildly degenerate to rational surfaces, this has an application to the Cremona group of two
variables. The study of nine mirror families of Enriques surfaces was developed by Mukai and
Ohashi more than expected. Oguiso and his collaborators constructed primitive 3-fold automorphisms
of positive entropy and a remarkable projective algebraic surface whose automorphism group is
discrete but not finitely generated. The study of analytic torsion of K3 surfaces with involution
was also much developed by Yoshikawa and Ma.
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