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ADHM-construction of vector bundles and harmonic maps
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A generalisation of do Carmo-Wallach theory on harmonic maps into
Grassmannians is more extended in the case that the domain of maps are compact Riemannian manifolds.

This theory enables us to construct moduli spaces of harmonic maps in a similar way to the
ADHM-construction of instantons on the 4-sphere.

This theory has a lot of applications. As one of them, we can construct moduli spaces of
holomorphic isometric embeddings of the complex projective line into a complex quadric hypersurface
of the projective space. Due to this, it turned out that the moduli space has a structure of
foliation whose leaves are Kaehler quotients of flat spaces.

As another example, we can classify equivariant hoIomorBhic maps of complex projective line into
complex Grassmannian of 2-planes. In this case, our problem reduces to classify invariant
connections on vector bundles of rank 2. In each case, our theory provides the compactification of
the moduli space with a natural geomertic interpretation.
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