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We showed log-plurisubharmonicity of metric deformations induced by Schiffer
and harmonic spans if the total space is a two-dimensional Stein manifold such that each fiber is a
planar open Riemann surface. As an application, we proved that both metrics in fact coincide on
planar open Riemann surfaces, have negative curvature everywhere, and are complete.
Moreover, in the case of genus one, we studied the variation of hyperbolic spans of open Riemann
surfaces. We proved that the hyperbolic span is subharmonic if the total space is a two-dimensional
Stein manifold such that each fiber is an open Riemann surface of genus one. In particular, the
hyperbolic span is harmonic if and only if the total space is a trivial holomorphic family.
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