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Flag varieties are compact homogeneous spaces acted upon by a reductive Lie

group, providing a broad field not only for the representation theory of Lie groups but also for the
theories of geometry and algebra. In this research, we considered the product of flag varieties
(double flag varieties) and studied the action of symmetric subgroups. Double flag varieties for
which the orbits of symmetric subgroups are finite are called finite type. Various results were
obtained in this research, including combinatorial aspects related to orbits on finite-type double
flag varieties, representations of Hecke algebras, mappings to nilpotent varieties using moment
maps, and the correspondence between orbits on double flag varieties and nilpotent orbits, known as
the Steinberg correspondence, which is described combinatorially using a generalization of the RSK
correspondence.
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1. WIERRERIOE R
RO FERFN R, B G OMZRRADIERTH 5 ZHEMZARIK
Xp. . =G/PLxG/Pyx---xG/P, (P& G ORWEERTE)
RN ZE N ARl U 72 — S ARIK
Xpo:=G/PxK/Q (Q & K ORUBIE T H#E)

TH3. 2FEL K3 G OMHEHIEEERT.

ZEMERIR Xp,, . p, T3 G ONARERZ, “HEZHAK Xpo 113 K OIFRHEZEZ 2.
—FEEZRIR Xp, p, p, EHFT (G x G,AG) D_EEZHIK L EZ 602 DT, HHEXFIETI
ZEMERKRE VWS 22T 5.

% 2 R - O B8 o A R R M 12 W T 2000 R IC Magyar-Weymann-
Zelevinski 12 &k D, HHHE G ITH LT Xp,,p, PARMFEOYEZFODII k < 3 DHETD
5 ZeDMORBEEZFHLTHL 2 ICEh, 2o bITbI. £z 2015 FHikic2 > T, B,D
BNZOWT B HEDFRMERL T HOMEISARBEE (FEAK) 18X o THEATW .

XD “EHRERIA Xp o DAL, AERELHEEEZ (LK), KEFHH (IPMU), Xuhua
He (Maryland X) fiic & 2\ < 22 @RS (2009-2015) 12X D,

o “HEZMA LD K WUELHR (FIRM) 12722 720D 2 DO 72+ 350
o BREFEZERNCAIRE L 72 AIRE —HHZ AR D e 272 704

BELN TV,

—75, M, FERBIE (RFEX) - MR (oK) FiC & - T exotic RIEEE OMERICR T 2 HH7EH
ATV, ZHUX, G PHAIERT 227 bLZER V2 itfiZEl G/K OB Xy =V xG/K
Fo K AZRRREOHGRZZD, Grojnowski DERILICE D V x G/B EORMENL RS
HBRT 2 2820 o T0a. PPRERIRE Q C K Z#YNTENE, K/Q=P(V) XV O4f
FALRDT, ZOZRIKE Xp o = K/Q x G/B LIEFITEL, RO T —< L EICHEFREL TV
7eo UL, NMZERNCABES 2 “HEMZERKICBI L T 2 D & 5 738 M2A 1 £ AR O RFFEII AR ZE
BIARYPNTIE L A e o 72,

2. WHHEOHM

G ZfEHRIREEE, $/2 B % G ORLVAEDE 35, (58%) HERK G/B R HEZ K
G/P (P BHWRERSED 13 G OFHEEMTa Y7 M rb D GBIEEREK) THb. Vo2~
LA 2L G = GL, OMKHER DR P #FHWT G/P &Y, G EZHRIRO K%
RBDIZIZ->TWS. BUR, SRS R L THRZRRIA L FER. EZRIARX, RRcREGRICE
W, MDI2FEZHEROPTOREERZHRIAD—DOTH 3.



AWFFETIX, B G 720 Tk ONFRZEM D K2 REEI 2R3, AENECHA 0 € Aut(G), 62 =id
WKHLT, K=G% % G ONFRRDE, G/K ERFZEME VD, ZOZEKS $72) —BORE
WMOFBELMANRTHS. 22T G DEZHIK G/P & K DERIK K/Q & Z, ZOEME

Xpo:=G/Px K/Q (P13 G D, QT K DRWASETEE)

I K BSHARNCERT 2 X 5%2b D%, SFZERIBE L 7z —EHEZMRK L KL IO TH 5.

WIFRZENCATBES 2 “EIEZARA Xp o WCEREDTHE K OIEH%ZE X, Steinberg ZHkIK CRIER
ZHER) L ZDE—X Y NEBOBTH % exotic BEBEZHEIE N 2RMEMN L OREE T
LZONARIFFEDOBEBITH 5. FLHINCTIX, exotic FEIEJE S Harish-Chandra AIFEOAH B AR % HE
FTEAINMARMEL T B2 I2H B0, 22 213, K FUEREROBEICE X N D K #HEOM
12 “EW HEEIES (exotic Robinson-Schensted ¥it, —#ft. 417z RSK XfJi) A3 b, Z
DL RPEDRIE" X EDOY 22—~V Mg DB oHERMmIc ko THET 22 &
SEELEHND—DOTH- 7.

3. WDk

ZEMERIKE Xpo FO K HUEDSIH Y exotic RERHICB T 2HEFYED L, /O
Ftm s (FLFESEE) TH % Lucas Fresse (Lorraine K¥) & & 12T o7z, BRI MBI DS E
WY Y IREOMEERICE 2 0ENTX 23T oo, —HHMARGETH 2 AL BNt
MZEE OGS, 2% D

G=GL,>K=GL,xGL, (n=p+gq)
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EbFro—RERGML, BRERAWEE I F—CTERNRGEFZEAERL TV, LAL,
2020 FEERBEIC, anF U4 LA EBMREAAVFTIv 7OEEBT, tIF-—RBFFEArIA4 Y
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7 OHARIH, EERKLEEH 720, RT3 v 21X BHIRSR A L RRE LD FIEL
LTEEL, HIT—EREDAYIAEIF—dTTICTI00MEEZHMZ 2 ETICR>TWVWS.
—75, FHEEC 202 UBEHER) B X Bent Orsted 2% (Aarhus K%) ¥, “HEEZHEA
L OERBER Y YA R 7 P V2R EOHIAZERUIC OV T O 2D, b-BIECeHuEE S © TR
RO D intertwining fEFHZE O BRI 2GR 2 HFEFR Lz, T o5, (REZEITEIMAFET
RN ZRERE L COBIC KR EGER LD, NV T I v ZLIBENEE R R T LE 7. FIE
DFERIFBE LN XV IDDD, HRE L DELS ETHEDLZ IR TERDP S TDIIKRETDH 5.

4. BHZERR
FONFHIERRZEREFZICILTELD .
(1) ALl B EHEZ AR EONFREOEE K Sk 2BuEZ, 77 7%V FREEZHWIHEE

PN X > THE L. Z20o7EZFHAL T, HAUBEGRR DA EREY BARINCIRE L7z, (Lucas
Fresse 2% ¥ O FIFFFE.)



(2) AL B EEEZRRIRDRIERZHEARD & 2 O HEBZREAAND R X A VN — T ERERER L 7=,
—HiX, MRS EE K OV —ROBEBEZHENDEHRTHD, ZHE5EY Y IREOMHTHEI A
TWb. RARAVN=TBBRD T 7 A N=FHMNBRGEDS 2 TV O H =T 7 A N=ITHYT 5
0, ZOBKIDRONAE 2 O XEEBRTHETEZ. IV Y 7MY, o X EHERD
FIGiE RSK SO b AR T e N TE 3. ZOMAEERZISHIZROMIGREL LT
ZATWVEW,

I —HDRARA Y N=DBBIX, RIERZEEED & F2E0 O RILZEM O REBEZ RN DEHIC
B0, BEEYPEIINEMEY S ITRBICE > THHEENDE. TDT7 74 N—DGEIXEMETH D,
BERIR D DRI OBETH 2. 25 51330 RSK MIbD—k{t 252 3133 ThH b, HEL
EM 7 R DY D B . (Lucas Fresse 8% ¥ OH[EITZE.)

(3) V—IROFEFFMERZ ORI 2 HWTHLR L 72 d O Z I KFEFEER (enhanced adjoint action)
CIER. V=R A Mo =, ZoOFEHICET 21742 GE, FEZSHRIKOBK e EBH0E O
BEFANCHE L. — RO EMBLESRTIED Y a VX VR bEZ 52 e TE 5. (KH
B & o[RS

(4) EZFRIADHEK (enhanced flag manifold) ZEFEL T, BHIENRZ M VZEHE L BRI, MR
ZR2RHT 2 ek o GRILERVIRBIOB OIERAR 2R L 72, 72, HAZERITEoT
REZVX—XEHO7—) IBHEEHEL, ZOH Y ~<ETREDEMAEEHE L. (Bent Orsted
Bz, = Z0% & o[RS

(5) LIRTHZE L 72 9LE D DAAEE ZISH LT, Cl Blo_SEEZHEAE AL 2o EEZ K
ANEHDAAT, PUEDOHE OB ZIE L. BFPEDOHDIAA DD > TVWH DT, HEIFA
RAVN=TEL{BEFNTHDIAFN TS & THEXNS. (Lucas Fresse % ¥ OFFEFE.)
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