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A linear code with length n, dimension k and minimum weight d over the
field of q elements is called an [n,k,d]q code. A classical and fundamental research problem in
coding theory is to find n_q(k,d), the minimum length n for which an [n,k,d]q code exists, which is
called "Optimal Linear Codes Problem™.

In this work, considering the multiset consisting the columns of a generator matrix of a given code
as a multiset in the projective space, we have obtained several new results on the problem by
showing the nonexistence of some linear codes attaining the known bound using the geometric methods,
constructing new codes and corresponding arcs and blocking sets in the projective spaces by the
heuristic search with the aid of computers.
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