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We study del Pezzo fibrations of degree 1 over the projective line with
terminal cyclic quotient singular points of type 1/2(1,1,1), and give a non-trivial sufficient
condition for them to be birationally rigid. In particular, we show that birationally rigidity can
be characterized by the K-condition for del Pezzo fibrations with 1/2(1,1,1) points which are
embedded into a toric P(1,1,2,3)-bundle over the projective line. Moreover, we proved birational
superrigidity for some codimension 4 prime Fano 3-folds, stable irrationality of many Fano
varieties, and K-stability of many Fano 3-fold weighted complete intersections.
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