©
2018 2022

Pk A

Structural properties of ideals over P_{kappa}lambda and infinitary
combinatorics

Abe, Yoshihiro

2,100,000
selectivity Rudin-Keisler
nowhere P-point K A A weak Q-point
local P-point
sup- 11 K A
K 1980 PK A

2
selectivity selectivity

sup- 11

We study weak notions of selectivity and show that a nowher P-point exists
above the bounded ideal in the Rudin-Keisler ordering. It is also proved that an ideal is not a
local P-point if and only if it includes a certain type of ideals.

About a stationary subet of P_{¥kappa}¥lambda on which the sup-function is one-to-one, we define a
combinatorial principle which implies the existence of such a set and construct the forcing models
where it exists and it does not exist. Relations between the saturation of the restriction of the
non-stationary ideal and the existence of such a set is turned out.

Pk A P-point Q-point selective ideal sup-



K structural properties 1980
Baumgartner-Taylor-Wagon [BTW] 1982 PA
24 26
PA 27 29 PA
Ulam PA
rigidity K
local P-points local Q-points selectivity
PA local
sup 1 1
sup 1 1 PA
K BTW PA local P-point local Q-point
Rudin-Keisler sup 1 1
PA K A {x c X |x] <«}
K A K PA ASK
IK,)\ NSK,}\
1 Rudin-Keisler PA I f:BA— BA
() ={X cRAfI(X) €I} P 1] J = £.()
J <rx1 Rudin-Keisler
i i I i L <ge! 111 nowhere P-point
iii PA ASK I weak Q-point
I P-point a< {xePXaé¢f(x)}el
fiBA->PA f I fine a<i {xeXiag f(x)} €l PA\X €I
X PA\X €I Xél local P-
point ITX={YcBAYNXEI} Xel ITX P-point
I nowhere P-point
I local Q-point a< {xeXiag f(x)} €l
fiBA=>PA f Il fine Xel X 1 1
Xel ITX local Q-point I  weak Q-point
ASK =2 PA I i ii Ji
i NS, cf 0 I<gJ I ] PA
PA )i ASx JcK
I <p¢ K K
2 PA 1] IX] XeIx]e{xe

PA{y€eBX(x,y)EX}eJ}EI

(x €A (@B & FO}ET

IK,}\XIK]\C/;(I)<: aaB<}\
lea X Ly € £2(1) I weakly selective Q-point
I-Fine f f X 1 1 I X
I locally selective Xel ITX locally
selective I  weakly selective
P-point f:BA— BA PA
I P-point {Agpa<iA}cli a<
I local P-point {Aga<A}clI A\
B €l PA\B &1 B
i I weak P-point A*- I P.A {Aya < 2%}
B<y<at AgNA, €l I



) w 1 w I

wl<é
ii J,cl weak P-point I
iii SNS., cI weak P-point =1
Jea Xel,eX f x €EX:f(x) <a} €l a<i
SNS.» X€ESNS,, X f
F{od) € lea a<A

4 Local P-point
PA {A;:s € BA} I

X€EI C){S € PKk:XﬂAS $ IK,)\}E IK,}\
I local P-point

I local P-point {A;;s e BA} I
] Xejo{seBAXXNA; €l.,}E | JclI
5 sup 1 1 skinniest A PA
skinniest 22 =2 max{kcof()*} > w, BA*
skinniest
skinniest
x € PA sup(x) & x sup”(x) =sup(x) sup(x) € x sup”(x) undefined
X cPA Ey = {sup"(x):x € X} DY (X) i
ii sequence (by|a € Ex) i byca ii Bca {x €
X:B Nsup(x) = bgyp(x)} & NS »
DY (X) X skinniest ZFC
L PA X DY (X) L A
PA skinniest
A 5§ A Lévicollapse & =A%
RS X DY (X) X skinniest
A ox S<xt*  §<A I PA &
PA\X €I skinniest X
A O @) BA skinniest PA*
skinniest o®)
i ii sequence(cy|a < A*) i a<At Cq @
il B cq cg=ca NP
A K S EZ ={a < Xcof(a) <x}
NS, I's A* ExcS BA  skinniest
NS, A
KkSp<2A 2<h =
Uocp Sa = E2¢ E, C S, P skinniest

sequence (Syla < )

J. E. Baumgartner, A. D. Taylor, and S. Wagon, Structural properties of ideals,
Dissertationes Math. 197 (1982) [BTW].



14 12 0

Toshimichi Usuba 301

A note on & -strongly compact cardinals 2021

Topology and its applications 107538
DOI

10.1016/j -Topol .2020.107538

Usuba Toshimichi 64

New combinatorial principle on singular cardinals and normal ideals 2018

Mathematical Logic Quarterly 395 408
DOI

10.1002/malq.201700024

Yo Matsubara, Hiroshi Sakai, Toshimichi Usuba 170

On the existence of skinny stationary subsets 2019

Annals of Pure and Applied Logic 539-557

DOl
10.1016/j .apal .2018.12.003

21 5 8

A condition for an ideal to be a P-poit

2019




GCH at strongly compact cardinals

2019

2019

(Usuba Toshimichi)

(10513632) (32689)

(Minami Hiroaki)

(70646885) (33902)




