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We had a number of achievements in comparison geometry related to optimal
transport theory and in the theory of gradient flows for convex functions on metric spaces. Using
the localization technique based on optimal transport theory, we obtained the stability of the
Bakry-Ledoux-type isoperimetric inequality as well as the rigidity of the logarithmic Sobolev
inequality on weighted Riemannian manifolds. For weighted Finsler spacetimes of timelike weighted
Ricci curvature bounded below, we established various comparison theorems and the timelike
curvature-dimension condition. Moreover, on Gromov hyperbolic spaces, we showed contraction
properties of discrete-time gradient flows for convex functions, a contraction property for
barycenters of probability measures, and a law of large numbers.
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