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Functional spaces of two variable exponents on metric measure spaces
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Our aim is to study Musielak-Orlicz Sobolev spaces on metric measure spaces. We co
nsider a Hajlasz type condition and a Newtonian type condition. We prove that Lipschitz continuous functio
ns are dense as well as other basic properties. We study the relationship between these spaces, and discus
s Lebesgue point theorem in these spaces. We also deal with the boundedness of the Hardy-Littlewood maxima
I operator on Musielak-Orlicz spaces. As an apBIication of the boundedness of the Hardy-Littlewood maximal

operator, we establish a generalization of Sobolev"s inequality for Sobolev functions in Musielak-Orlicz-
Hajlasz spaces.
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