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Both partition functions in quantum gauge theories and zeta-functions in
mathematics, which play fundamental and important roles in each area, happen to coincide in some
cases. Among them are the Witten zeta-functions. These zeta-functions are the main objects and
should be studied from various viewpoints. For this problem, we proposed lattice sums associated
with hyperplane arrangements and established a unified way to treat these values and functional
relations among Witten zeta-functions via their generating functions. We also studied some

properties of related zeta-functions and hypergeometric functions, and obtained new functional
relations and formulas.
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