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Study on quasi-Frobenius rings based on the Faith conjecture

Oshiro, Kiyoichi
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In 1966, Osofsky showed that a right and left self—igjective perfect ring is
a quasi-Frobenius ring, and raised the problem whether this is true or not for one sided
selfinjective ring. In 1972, in his book " Algebra 11",Faith conjectured in the negative for this
problem. In 1993, Baba-Oshiro showed that, for an indecomposable projective module over a
semiprimary ring, right injectivity is eguivalent to simple injectivity. Using this result, we
studied Faith conjecture. We could showed that Faith conjecture is translated to a problem whether
there exist division ring D and a two-sided (D,D)-space V = DxD for which V is isomorphic to its
dual space. Using this result, we obtained several results which improve the study of Faith
conjecture. From the study of division ring D, we studied Hamilto"s quaternion ring H(D) and
obtained several fundamental results. For commutative field F, H(F) has been studied in algebraic
number theory. We studied the relation-ships between H(D) and H(F).
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