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The main purpose of this research was to obtain new results, by applying the
theory of hyperplane arrangements to the algebraic/geometric study of root systems or reflection groups
in general, with a new depth which would not be reachable by the known approaches. The research began
with explicit calculations with the intention to prove the first conjecture by Summers-Tymoczko in mind.
Finally, we verified the dual partition theorem by Shapiro-Steinberg-Kostant-Macdonald, which is a
celebrated theorem found in textbooks, for some restriction arrangements of the Weyl arrangements.
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